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Principles of Neutron Coincidence Counting

N. Ensslin ;

16.1 INTIiODUCTION

The quantity of uranium or plutonium present in bulk samples of metal, oxide,
mixed-oxide, fuel rods, etc., can often be assayed nondestructively by neutron ,coin-
cidence counting. This poweflul technique exploits the fact that neutrons from @on-
taneous fission or induced fission are emitted essentially simultaneously. In many cases
it is possible to obtain a nearly unique signature for a particular nuclear material. The
measurement can be made in the presence of neutrons from room background or (a,n)
reactions because these neutrons are noncoincident, or random, in their arrival times.

Table !1-1 in Chapter 11 summarizes the spontaneous fission neutron ‘yields and
multiplicities of many isotopes important in the nuclear fiel cycle. For plutonium, the
table shows tit 238Pu, 2~Pu, and 242Pu have large @x+mtaneouifission yield8. For
uranium, there are no large yieldy however, 23SUin kilogam quantities will have a

m~su~ble yield. Spontaneous fission is usually accompanied by the simultaneous
emission of more than one neutron. Thus an instrument that is sensitive only to
coincident neutrons will be sensitive only to these isotopes. The quantity of these
particular isotopes can be determined even if the chemical form of the material yields
additional single neutrons from (qn) reactions. Then, if the isotopic composition of the
material is known, the total quantity of lutonium or uranium can be calculated.

For a’plutonium sample containing {23 Pu, 2~ti, and 242PU,the observed coincidence

response will be due to all three isotopes. However, 2f@u is usually the major even
isotope present in both low-bumup plutonium (-6% 2WPU)and high-bumup, reactor-
grade plutonium (-15 to 25% 2@Pu). For this reason it is convenient to define an
effective 2% mass for coincidence counting by

2%= 2.52 ‘*Pu + 2% + 168242Pu. (16-1)

Plutonium-240(efl) is the mass of 2@Puthat would give the same coincidence response
as that obtained from all the even isotopes in the actual sample. Typically, 2@Pueffis2 to
20~0ktrg& than the actual 240Pucontent. The coefficients 2.52 and 1.68are determined by
(a) the relative spontaneous fission half-lives of each isotope (Table 1l-l), (b) the relative
neutron multiplicity distributions of each isotope (Table 11-2), and (c) the manner in
which these multiplicities are processed by ~the coincidence circuitry (see for example
Ref. 1).The relative spontaneous fission yields are the dominant, effect. The coefficients
given above are appropriate for the shifl register circuitry described later in this chapter,
but would change only slightly for other circuits.
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458 N. Ensslin

Passive counting of spontaneous fission neutrons is the most common application of
neutron coincidence counting. However, because fission can be induced, particularly in
fissile isotopes such as 239Puand 235U,a sample containing large quantities of fissile
isotopes can be assayed by coincidence counting of induced fissions. The induced
coincidence response will be a measure of the quantity of fissile isotopes present. If the
fissions are induced by an (qn) neutron source, the coincidence circuit can discriminate
the induced correlated signal from the uncorrelated source.

Passive and active neutron coincidence counters have found many applications in
domestic and international safeguards, as described in Chapter 17. Coincidence
counters are usually more accurate than total neutron counters because they are not
sensitive to single neutrons from (qn) reactions or room background. However, the total
neutron count rate can provide information that complements the coincidence informa-
tion. For a wide range of material categories, it is generally useful to measure both the
coincidence response and the total neutron response.

16.2CHARAC’I?WSTICS OF ,~UTRON PULSE TRAINS

As an aid to underat@ing coincidence counting it is helpful to consider the train of
electronic pulses prochqxd by the neutron detector. These electronic pulses, each
representing one detected neutron, constitute the input to the coincidence circuit. This
input can be thought of either as a distribution of events in time or as a distribution of
time intewt@ between event$ whichever is more convenient. In any case, the observed
distribution is produced by some combination of spontaneous fissions, induced fissions,
(%n) reactions, aqd external background events. As mentioned in Se@ion 16.1, fission
events usually yield multiple neutrons that are co~elated or coincident in:time, whereas
(%n) rpa$!ticmsand background events yield single neutrons that are ugcorrelated or
random in time.

16.2.1 Ideal and Actual Pulse Trains

An ideal neutron pulse train containing both correlated and uncorrelated events
might look like train (a) in Figure 16.1. An actual pulse train detected by a typical
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Fig.16S Neutronptdsetrains as they might appear on a time axis. (a)An
idealizedptdsetrain containing correlatedand uncorrelated
events.(b),Anactualpulsetrain observed at high counting rates
usinga detector with typical @iciency anddieaway-time
characteristics.
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Principlesoflkutron CoincidenceCounting 459

neutron coincidence counter will look more complex, as shown by train (b) in Figure
16.1. This is beeause the neutron coincidence counter design affects the pulse train in
several ways.

First, large samples ean usually be accommodated in the central well of the coin-
cidence counter. One kilogram of plutonium containing 20% 240Pu will emit about
200000 n/s. If the eoineidenee counter has a typical detection efficiency of 20%,the total
neutron count rate will be 40000 n/s, and the mean time interval between detected
events will be 25 I.M.Seeond, the typical etlciencys = 20% of a coincidence counter is
substantially less than 100%,so that the majority of emitted neutrons are not detected.
Most spontaneous fissions are also not detected. If n coincident neutrons are emitted,
the probability of detecting k is given by

n!
P(n,k) = _ n–k

(n–k)! k! ‘k(l @ .
(16-2)

If in this example two neutrons were emitted (close to the mean spontaneous fission
multiplicity of 2.16 for 2%), the probability P(2,0) of detecting no neutrons is 0.64.
The probability P(2, 1) of deteeting one neutron is 0.32 and the probability P(2,2) of
detecting two neutrons is 0.04. Thus more than half of all fission events are never
detected, and most of those that are detected register only one neutron. Actual deteeted
bursts of two or more neutrons are relatively rare, oecurnng only 4% of the time in the
above example. Third, many of the apparent coincidences in the observed pulse train
will be due to accidental overlaps of background events, background and fission events,
or different fission events.

A fourth important effect is the finite thermalization and detection time of the
neutrons in the polyethylene body of the well counter. The process of neutron modera-
tion and scattering within the counter ean require many microseconds of time. At any
moment the process ean be cut short by absorption in the polyethylene, the detector
tube, or other materials, or by leakage out of the counter. The process can also be
prolonged by neutron-indueed fission leading to additional fast neutrons that undergo
moderation and scattering before they in turn are absorbed. As a consequence of all of
these processes, the neutron population in the counter dies away with time in a complex,
gradual fashion after a spontaneous fission occurs. To a good approximation this die-
away can be represented by a single exponential:

N(t) = N(0) e-tl* (16-3)

where N(t) is the neutron population at time t, and ~is the mean neutron lifetime in the
counter, the die-away time. Die-away times are determined primarily by the size, shape,
composition, and efficiency of the neutron coincidence counter, but are also slightly
affeeted by seatterin~ moderation, or neutron-induced fission within the sample being
assayed. Typical values for most counter geometries are in the range of 30 to 100 PS.
Thus the finite die-away time of the neutron coincidence counter causes the detection of
prompt fission neutrons to be spread out over many microseconds. For large samples
and typical counters, the mean lifetime may be comparable to, or longer than, the mean
time interval between detected events.
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460 N. Ensslin

As a result of the four efhcts described above, an actual observed pulse train may
contain relatively few “real” coincident events among many “accidental” coincident
events. Also, the real events will not stand out in any obvious way from the background
of accidental events iri the pulse trai% as illustrated in train (b) in Figure 16.1. In order to
visualize and quantifjf real and accidental events, it is helpful to use the interval
distribution or the Rossi-alpha distribution.

16.2.2 The Interval Distribution

The interval distribution is the distribution of time intervals between detected events.
This distribution is given by (Ref. 2}

I(t) = exp[–~ Q(t)d(t)] . (16-4)

I(t) is the probability of detecting an interval of length z and Q(t) is the probability of a
second event as a function of time following a first event at t = O.For a random neutron
source the probability of a second event is constant in time. If the total count rate is T
n/s, the normalized interval distribution is I(t) = Te–Tt. In this case the interval
distribution is exponential, and the most liiely time for a following event to occur is
immediately after the ilrst event. On a semilogarithmic scale the interval distribution
will be a straight line. If real coincidence events are present in addition to random
events, the interval distribution is given by a more complex equation (Ref. 3). Figure
16.2 illustrates an interval distribution that contains both coincidence and random
events.

LENGTH OF TIME INTERVAL

Fig.16.2 An interval distribution formed by realcoincidence events R
andaccidental events A. The slope of the accidental distribu-
tion on this semilogarithmic scale is thetotalcount rate T.
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16.2.3 The Rossi-Alpha Distribution

TheRossi-alpha distribution (Ref. 4), developed for reactor noise analysis, is another
usefid distribution. This distribution is obtained by starting a clock at t = Owith the
arrival of an arbitrary pulse. The clock continues to run, and each succeeding puk is
stored by a muhiscaling circuit in a bin corresponding to its arrival time. A typical bin
width might be 1pa, and the total number of time bins available might range from 1024
to 4096. When the end of the total time interval is reached, the clock is stopped and the
oircuit remains idle until another event restarts the process at t = O again. Thus the
Rossi-alpha distribution is the distribution in time of events that follow after an
arbitrarily chosen starting event. If only random events are being detected, the distribu-
tion is constant with time. If real coincidence events are also present, the Rossi-alpha
distribution is given by

S(t)==A + Re-~T . (16-5)

S(t) is the height of the distribution at time ~ A is the accidental, or random, count mte
R is the real coincidence count ratq and ~ is the detector die-away time. Figure 16.3
illustrates a Rossi-alpha distribution with K & and other variables (defined later)
labeled. The exponential die-away of fission events is clearly seen in this distribution.

16.3BASIC FEATURES OF COINCIDENCE CIRCUITS

16.3.1 Electronic Gatea

Coincidence circuits oilen contain electronic components called “one-shots” or “gate
generators” that produce an output pulse of fixed duration whenever an input pulse is
received. Gate generators used to convert the input pulses from the neutron detector
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Fig.16.3 A Rossi-alphadistribution showingdetected neutroneventsas a
function oftimefollowingan arbitrary starting event.R repre-
sents realcoincidenceevents,andA representsaccidental coin-
ciaknceevents.P ==predelay, G ==prompt anddelayedgates,
D ==Iongdelay, and~ ==die-away time.



462 N. Ensslin

into very short output pulses are called “triggers.” Gate generators used to convert the
input pulses into long output pulses are called “gates.” Such gate generatom, as well as
amplifiers, detectors, and other circuits, exhibit an electronic deadtime before they can
fi.mction again. This deadtime is at least the length G of the gate. Depending on the
design, this deadtime can be nonupdating or updating.

16.3.2 Updating and Nonupdating Deadtimes

A nonupdating or nonparalyzable, deadtime is illustrated in pulse train (a) in Figure
16.4.Of the four events, events 1,2, and 4 initiate gates, but event 3 does not and is lost.
Using Equation 16-4, it can be shown that for a true random input rate T, the measured
output rate Tm is

T
Tm =

l+GT “
(16-6)

As the input rate becomes very large, the output rate will approach the limiting value
l/G, where G is the gate length.

An updating, or paralyzable, deadtime is illustrated in pulse train (b) in Figure 16.4.
The appearance of event 3 causes the gate produced by event 2 to be extended or
updated. Consequently, event 4 does not generate a new gate. Only events 1 and 2
initiate gates, and events 3 and 4 are lost. Using Equation 16-4, it can be shown that for
random events

Tm = Te4T . (16-7)

As the input rate increases, the output rate increases up to a maximum value (which
occurs when the input rate is I/G) and then declines toward O(approaches paralysis) as
the input rate continues to increase. For input rates that are small, identical deadtime
corrections are obtained from Equations 16-6and 16-7.
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Fig.164 Twogategenerators with diflerentelectronicdeadtime
characteristics:(a) nonupaWingdeadtime;(b)updatingdeadtime.
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16.3.3 Cross-Correlation and Autocorrelation Circuits

Electronic one-shots or gate generators can be combined with scalers in many possible
ways to create coincidence circuits. Each combination will be subject to different
electronic deadtimes and will require different equations for analysis. For neutron
counting cross-correlation or autocorrelation circuits are the most useful (Ref. 5). A
simple cross-correlation measurement is shown in circuit (a) in Figure 16.5. Trigger
pulses from detector 1 are compared with gates generated from detector 2, This type of
circuit is most useful for very fast detector pulses and short gates because discrimination
against detector noise is good and because very few accidental coincidences are
produced.

Circuit (b) in Figure 16.5 illustrates an idealized autocorrelation measurement. Both
detector inputs are first combined into one pulse train. Then every pulse in the train
generates both a short trigger and a long gate, so that every pulse can be compared with
every following pulse. Autocorrelation circuits are best suited for thermal-neutron
counters because many detector banks can be summed together for high efficiency and
because the substantial die-away time of the neutrons causes many overlaps betweeh
detector banks. Gate lengths are chosen to be comparable to the die-away time, and a
separate, parallel circuit with a delayed trigger or gate is usually used for the subtraction
of accidental coincidences (see Sections 16.4and 16.5).

The autocorrelation circuits described in Section 16.4 and 16.5 are the most impor-
tant circuits for neutron coincidence counting.

DETECTOR
1

DETECTOR
2

(a) CROSS-CORRELATION

-.

DETECTOR
flTRIGGER

1
u

DETECTOR
2

Fig.16.5

(b) AuTOCORRELATION

Two types ofcoincidencecircuits: (a) cross-correla-
tion: (b) autocorrelation.
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464 N. Ensslin

16.4 THREE COMMON COINCIDENCE CIRCUITS

16.4.1Variable Deadtime Circuit

The variable deadtime circuit or VDC, was developed in Europe for the assay of
plutonium wastes (Refs. 6 through 8). It is a simple circuit (see Figure 16.6),but requires
a complex analysis. The variable deadtime circuit consists of one short gate, typically 4
ps, that records most fission and accidental events, and one long gate, typically 32 to 128
ps, that misses most fission events but counts most accidental events. The difference
between the two scalers is a measure of the rate of fissions. Both gates are nonupdating
so the net coincidence rate R, using Equation 16-6, is approximately given by

Ra
s, s*

l– SIGI - 1 – S2G2 “
(16-8)

Here S1is the count rate in the scaler attached to the short gate, whose length is G1, and
S2is the count rate in the scaler attached to the long gate, whose length is G2.

Equation 16-8 is usefid only at count rates of several kilohertz or less because it does
not treat the interference between fission and accidental events correctly. (More
complex expressions are given in Refs. 9 and 10.) Additional difficulties arise when
induced fissions in the sample cause longer fission chains (Refs. 11 and 12). For this
reason the variable deadtime circuit is not practical for the assay of large, multiplying
samples.

16.4.2 Updating One-Shot Circuit

An updating one-shot circuit (Ref 10)is illustrated in Figure 16.7.The first half of the
circuit generates prompt coincidences between a gate of length G and a short trigger.
These coincidences consist of real coincidences (R) and accidental coincidences @). In
order to correct for these accidental events, it is necessary to add a long delay and then
measure coincidences between a second, delayed gate of length G and the original short

SHORT
GATE

SUMMED INPUT
FROM DETECTORS

LONG GATE SCALER 2

F&.166 A vm”abledeadtimecircuit (~).
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Fig.16.7 U@datingone-shotcircuit. Thetwo oneshots are ofequallength.

trigger. If the long delay (D) is much longer than the mean neutron lifetime t in the
deteetor, the second coincidence circuit will measure only accidental events(A). The net
coincidence response R is then given by the difference between the two scalers. Figure
16.3illustrates this process.

Figure 16.3 also shows that an actual measurement of a Rossi-alpha distribution will
be subject to several limitation.w (a) pulse pileup and electronic deadtimes will perturb
the distribution near t = O,so it is customary to begin analysis at time P, the predelaX
(b) because the distribution of real events extends beyond the gate interval G, some real
coincidences are missed by the prompt gate, (c) in principle, some real events may
appear in the delayed gate if D is not long enough. Taking these limitations into account,
the true coincidence response of the updating one-shot circuit is given by

R=
(R+A) scaler – (A) scaler e~T

_Wt~l – e_O@/~ “e~h( 1– e (16-9)

The exponential in the numerator, derived fkom Equation 16-7, is the correction for the
triggers lost during the updating gate G. This large brreetion limits the usefidness of this
circuit to count rates of 20 to 30 kHz or less. Nonupdating one-shot circuits have been
built (Refs. 13and 14),but they are also limited to low count rates.

16.4.3 Reduced Variance Logic

One interesting neutron coincidence circuit has its origins in the field of reactor noise
analysis, which is the study of the fluctuations in the count rate of neutron deteetion
systems. From these fluctuations it is possible to calculate the moments of the neutron
count distribution (Feynman variance technique) (Ref. 4). The redueed variance logic
(RVL) circuit applies this teehnique to the assay of nuclear material (Refs. 15and 16).

The RVL circuit collects total neutron counts C over a short time interval of 100 to
2000 MS,depending on the application. This measurement is repeated for a large number
of time intervals until a reasonable assay time of 100~o 1000s is reached. From these
measurements the circuit calculates the first moment C and the second moment p of
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466 N. Ensslin

the count distribution. The variance-to-mean ratio of the count distribution is given by
(~ – ~2)/~. For random counts that follow the Poisson distribution, this ratio is
unity.

Ifcorrelated events are presen~ the parameter

(16-10)

will be nonzero. This parameter is dependent on sample multiplication and independent
of the spontaneous fission rate in the’sample. Another combination of moments that is
proportional to sample mass is

Q=F–cZ–c . (16-11)

Q is independent of the random, uncorrelated background and is proportional to the
coincidence count rate R.

The RVL circuit generates the parameters Q and Y for each sample assayed. For
small, nonmultiplying samples, the effitive 2% mass of the sample is obtained from
Q alone. For samples that exhibit significant self-multiplication, the 2% mass is
obtained indimtly from a nonlinear plot of Y as a flmction of (Q/2~ff) obtained
with stan&rds of known mass. A correction to Equation 16-11 for electronic deadtime
at high count rates is given in Ref 17.

In field applications, RVL circuits have been used to identifi highly multiplying
samples (Ref. 18). In fixed plant applications, a computer-based analysis system can be
added to obtain higher moments of C and a time interval distribution of the counts. In
principle, the RVL circuit uses the same count distribution and provides essentially the

. same assay information as the shift register circuit described in the following section. In
practice, the RVL circuit in its present state of development requires more complex data
interpretation algorithms and is limited to lower rates.

16.5 THE SHIFT REGISTER COINCIDENCE CIRCUIT

16.5.1 Principles of Shift Register Operation

In the preceding section it was noted that some common coincidence circuits require
We corrections for electronic deadtime. Such corrections are required because coin-
cidence analysis begins with one event at t = O and continues until t = G, the gate
length. Ifn events arrive within a time G, the first event will start the gate and the other
n- 1 will be detected. A second gate cannot be started until a time of length G has
passed, thus creating a deadtime of that length.
An alternative approach is to store the incoming pulse train for a time G, so that every

event can be compared with every other event for a time G. In effect, every pulse
generates its own gate it is not necessary for one gate to finish before the next can start.
This storage of events eliminates the deadtime eff6ct described above and allows
operation at count rates of several hundred kilohertz or more.

—— -—. ,.



Principles ofNeutron Coincidence Counting 467

It is possible to store incoming pulses for a time G by means of an integrated circuit
called a shift register. The circuit consists of a series of clock-driven flip-flops linked
together in stages. For example, a 64-stage shifi register driven by a 2-MHz clock (0.5
ys/stage) defines a gate G of length 32 ps. Incoming pulses “shift” through the register
one stage at a time and the whole process takes 32 KS.

This deadtime-free shift register concept was introduced by Boehnel (Ref. 5). Versions
of the circuitry have been developed by Stephens, Swansen, and East (Ref. 19) and
improved by Swansen (Refs. 20 and 21) and, most recently, by Lambert (Ref. 22). At
present the shitl register circuit is the most commonly used circuit for domestic and
international coincidence counting applications. Examples are ~ven in Chapter 17.

16.5.2The R+A Gate

Operation of the shifi register coincidence circuit is best visurdized by referring to the
Rossi-alpha distribution of Figure 16.3. This figure shows a prompt gate G that collects
real and accidental coincidences (R+A) and a delayed gate G that collects only
accidental coincidences (A). The two gates are separated by a long delay D. Note that
coincidence counting does not begin until a short time interval P (the predelay) has
passed. During this time, typically 3 to 6 ps, the Rossi-alpha distribution is perturbed by
pulse pileup and electronic deadtimes in the amplifiers, and the true coincidence count
rate cannot be measured. After the predelay, the prompt R+A gate is defined by a shift
register that is typically 32 to 64 jLslong.

A simplified diagram of a shifi register circuit that measures R+A events is illustrated
in Figure 16.8. The input (not illustrated) is the logical OR of all the amplifier-
disc+minator outputs, thus creating’an autoeorrelation circuit. Every input event, after
the predelay P, passes into and through the ‘shift register; Also, eveiy event entering the
shift register increments an up-down counter, and every event leaving the shift register
decrements the updown counter. Thus the up-down counter keepsa continuous record
of the number of events in the shift register. Every input pulse, before it enters the

INPUT
PREDELAY

‘“q

SHIFT REGISTER
FOR R + A GATE
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UP-DOWN DOWN
COUNTER

DATA

STROBE
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Fig.16.8 A simplified blockdiagram ofa sh~ registercoincidence
circuit that measuresreal + accidental (R+A) events.
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predelay and the shift register, also causes the updown counter to add its contents to the
R+A scaler (strobe action).

The above sequence of events ensures that isolated, widely spaced events will never be
registered in the R+A scaler. However, if two events appear with a time separation
greater than P but leas than P + G; then one event will be in the shift register (and the
updown counter will have a count of 1)when the other event strobes the contents of the
updown counter into the R+A scaler. Thus a coincidence will be recorded, as required
by Figure 16.3. Note that if three or more events are present within the prescribed time
interval, the counting algorithm will record all possible pairs of coincidences between
events. For example,

For the following number
of closely spaced events...

o
1
2
3
4

n

...the number of recorded
coincidences will be

o
0
1
3
6

n(n – 1)/2 (16-12)

The possible permutations in counting twofold coincidences can exceed the number of
events. In practice this counting algorithm is neither beneficial nor harmful, but merely
a consequence of treating all events equally.

The coincident events discussed a~ve can represent two or more neutrons tlom one
spontaneous fission (real fission event) or just the random overlap of background
neutrons or neutrons fhm different fissions (accidental events). Thus the counts
accumulated by the circuit described above are called R+A counts.

16.5.3 The A Gate

Real iission events R can be determined indirectly by adding a second complete shift
register circuit that measures accidental events A. This circuit is identical to the R+A
circuit except that along delay D is introduced between the shift register that defines the
Agate and the input event that strobes the contents of the updown counter into the A
~er. The delay D is usually long compared to the detector die-away time so that no
neutrons from fission events near t = Oare still present as illustrated in Figure 16.3.A
common choice for D is approximately 1000 I.Ls,which is very long compared to typical
die-away times of 30 to 100 us. When D is this long the A scaler will record only
accidental coincidences. These include random background events, uncorrelated over-
laps betmen fission and background events, and uncorrelated overlaps between dif-
ferent fission events. The number of a@dental events registered in the A scaler will be,
within random counting fluctuations’ the same as the number of accidental events
registered in the R+A scaler if both the A and the R+A shift registers are exactly the
same length in time. Then the net difference in counts received by the two scalers is the
net real coincidence count R, which is propomonal to the fission rate in the sample.

.— —..



PrinciplesofNeutron CoincidenceCounting 469

In practice the circuit that measures accidentals ean be formed by introducing a
secont delayed shifi register cirouit or by introducing a second, delayed strobe. The
latter approach is used in recent circuit designs (Refs. 20 through 22) for simplicity and
because it is easy to produce A and R+A gates of the same length. Figure 16.9 (Ref. 23) is
a block diagram of a recent shift register coincidence circuit design that includes totals
(T), R+& and A scalers.

The A scaler reeords accidental coincidenms between the total neutron events
record@ and the following relationship is true within random counting fluctuations

A= GT2, (16-13)

where A and T are expressed as count rates, and G is the coincidence gate length (Ref.
24). This nonlinear relationship shows that A will exceed T when the total count rate is
greater than I/G. By means of Equation 16-13 it is,possible to calculate A rather than
measure it. However, it is better to measure A with the circuit described above because
this corrects continuously and automatically for any change in the total neutron count
rate during the assay. Equation 16-13 can then be used later as a diagnostic check for
count-rate variations or instrument Performanm.

16.5.4 Net Coincidence Response R

From Figure 16.3and the above discussion the true shitl register coincidence response
is related to the measured scaler outputs by the equation

R = (R+A) scaler - (A) scaler
(16-14)

e-p/~ (1 – e_W~~l – e_@@/~ -

LOGIC INPUT DATA PREDELAY
SYNCHRONIZER SHIFT REGISTER

4 m
L 1,pT;y’pR$&,p

(10 DIGITS) (lo DIGITS)

Fig.16.9

STROBE
STROBE

Blockdiagram ofa completeshi$ registwcoinciakwc ecircuitincluding
totals, R+A, andA scalers(Rcf 23).
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Equation 16-14is identical to Equation 16-9except that the large exponential deadtime
correction is not required for the shift register. Smaller corrections for amplifier
deadtirnes are ‘@venin Section 16.6 below. The term [1 – e~~)l~ shodd be Very
close to unity if the delay D is much longer than the detector die-away time t.
Consequently, this term will be dropped in the following discussions.

In Equation 16-14,R represents the total number of coincidence counts that could be
obtained if finite predelays, gate lengths, or delays were not required. In practice it is
customary to keep P, G, and D tixed and allow for their effects in the process of
calibration with known standards. Then R = (R+A) scaler – (A) scaler is considered
to be the true, observed coincidence response. An important equation that relates R to
the physical properties of the sample, the detector, and the coincidence circuit can be
derived from Equations 16-2,16-12, and 16-14 (Refs. 5 and 25)

z V(v –1)
R= mW (473 fissions/s-g)#e-pl~ (1 – e+/’) P(v) z, (16:15)

v

where

R = true coincidence count rate
mz~ = 2W-effkctive mass of the sample

& = absolute detector efficiency
v = spontaneous fission neutron multiplicity

P(v) = multiplicity distribution
P = predelay
G = coincidence gate length
T = detector die-away time.

Equation 16-15 illustrates again that the response of the shift register circuit to v
closely spaced events is proportional to V(V– 1)/2, ‘whereasthe response of a conven-
tional circuit would be proportional to (v – 1). For practical values of e and v, the
diflkrences are not great and are automatically accounted for in the calibration process.
In Section 16.5.2 it was ~own that the expression V(V– 1)/2 represents the sum of all
twofold coincidtxws for v closely spaced events. Thus the shifl register collects all
possible valid coincidences. The response of the circuit is still linear with respect to
sample mass. However, the sample self-multiplication effects described in Section 16.8
below do affect shifi register circuits more than conventional circuits, so that the shift
register circuits require larger correction tlwtors.

Equation 16-1Sprovides a means of determining the detector die-away time t If the
same sample is ~y~ in the same way at tMIOdif%erentgate settings G1 and G2, where
G2 is twice Gl, vnth the coinci&nce resultsRl and R2, respectively, then

‘t = -Gl/h (R~R1 – 1) . (16-16)
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16.6 DEADTIME CORRECTIONS FOR THE SHIFT REGISTER

In the preceding section it was shown that the coincidence gate length G does not
introduce deadtimes into the shill register circuit, which permits bperation at count rates
above 100 kHz. At such high rates, however, a number of smaller deadtimes associated
with the analog and digital parts of the circuitry become apparent. These include

. detector charge collection time
● amplifier puke-shaping time
● ~plifier ~seline msto~tion time
● losses in the discriminator OR gate
o shift register input synchronization losses.

These deadtime effects can, be studied with time-correlated califomium neutron
sources, with uncorrelated AmLi neutron sources, and with new digital random pulsers
(Ref. 26). Even though the deadtimes can often be studied singly or ‘together, the total
effect is difllcuh to understand exactly because each deadtime perturbs the puke train
and alters the effect of the deadtimes that follow. This section summarizes what is
presently known about these deadtimes. Overall empirical correction factors are given,
and several electronic improvements that reduce deadtime are described.

16.6.1 Detector and A’mplUler Deadtimes

For most shifl register systems in use today, the analog electronic components consist
of(a) gas-filled proportional counters, (b) charge-sensitive preamplifiers, (c) amplifiers,
and (d) discriminators. As described in Section 13.2, a charge signal w be obtained
from the gas counter within an average time of 1 to 2 ps after the neutron interaction.
This time dispersion is limited by variations in the spatial position of the interaction
site, and is not actually a deadtime. However, the ability of the detector to resolve two
separate pulses will be comparable to the time dispersion. The preamplifier output pulse
has a nsetime of about 0.1 ps, and the amplifier time constant is usually 0.15 or 0.5 vs. If
all of the electrical components listed above are linked so that one preamplifier and one
amplitler with 0.5-J.Lstime constant serve seven gas counters, a total deadtime of about 5
KS is observed (Ref. 27). In practice this deadtime is reduced by using multiple
preamplifier-amplifier chains, as described in Section 16.6.4.

The amplifier output enters a discriminator that oonsists of a level detector and a
short one-shot. The one-shot output is 50 to 150 ns long.

16.6.2 Bias Resulting from Pulse Pileup

In addition to actual deadtimes, the electrical components can produce a bias in the
shift register output. Bias is defined as the difference between the R+A and A counting
rates when a random source such as AmLi is used. For a random source the difference
(R+A) – A should be zerq ifit is not, the percent bias is 100 R/A. Possible sources of
bias include electronic noise uncompensated amplifier pole zerq shift register input
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caprtcitan~, a deadtime longer than the predelay P, or amplifier baseline displacement
following a pulse, which is the most important sourw of bias if the electronic compo-
nents are properly adjusted to minimize the other sources. Any closely following pulses
that fall on the displaced baseline before it is fldly restored to zero have a different
probability of triggering the discriminator. Bias resulting horn pulse pileup is propor-
tional to the square of the count rate and may become noticeable at high count rates. If
the baseline is not filly restored in a time less than the predelay time, the effit will
extend into the R+A gate and a bias will result.

Figure 16.10 (Ref. 28) illustrates a bias measurement as a function of predelay. The
measurement used a coincidence counter with six amplifier charnels. The observed bias
was reduced to an acceptable value of 0.01% or less for predelay settings of 4.5 KSor
more. These results are typical for well-adjusted electronics. For some high-efficiency
and long die-away-time counters that operate at rates above 100 kHz, a conservative
predelay setting of 6 to 8 ps may be warranted, but in general 4.5 KSis sutlicient. At high
count rates, R is typically on the order of 1%of A, a puke pileup bias of 0.01% in R/A
implies a relative bias of 1%in R, a bias that is only barely acceptable.

16.6.3 Digital Deadtimes

Because of the deadtime in the amplifier-discriminator chain, it is customary to
divide the detector outputs of a coincidence counter among four to six amplifiers. Each
amplifier channel may serve three to seven detectors. The discriminator outputs of each
channel are then “ORed” together before they enter the shift register (autocorrelation
mode). Now the deadtime after the OR gate is much less than before provided the two
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events are from different channels. The deadtime contribution of @e OR gate itself ean
be calculated under the assumptions that(a) no losses occur within a channel because of
the longer preceding amplifier deadtime and(b) losses between channels are due to pulse
overlap.

n(n– 1)
OR gate overlap rate = ~f 2(disc. output Width)(T/n)*, (16-17)

.

where n is the number of channels and T is the total count rate. The ideal deadtime for
an OR gate accepting 50-ns-wide pulses is then

OR gate deadtime = ~ ~ 1 (50 ns) . (16-18)

This deadtime is for total eventfi the coincidence deadtime has not been calculated but
would be larger.

The output of the OR gate is a digital pulse stream that enters the shift register. At this
point the 50-ns-wide pulses must be synchronized with the 500-na-wide shift register
stages. The limit of one pulse per stage means that some closely following pulses will be
lost unless a derandomizing buffer (Section 16.6.5) is used. These losses have been
measured with a digital random pulser, as illustrated in Figure 16.11. The shape of this
curve is given by

measured totals = (1 – e~T)/p (16-19)

where p is the shift register clock period (500 ns in this case) and T is the total input rate
(Ref. 29). At low rate% Equation 16-19 yields a nonupdating deadtime of p/Z at high
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rates, the deadtirne approaches p. The coincidence deadtime is on the order of 2p, as
described in Ref. 29. In general, the synchronizer deadtime is small compared to the
amplifier deadtime, but it can be appreciable at high count rates. For example, at 256
kHz the totals losses will be 6%and the comesponding coincidence losses will be larger.

16.6.4 Empirical Deadtime Correction Formulas

The total effkct of the analog and digital deadtimes described above has not been
calculated, but can be determined empirically with californium and AmLi neutron
sources. The coincidence deadtime 8Ccan be determined by placing a califomium source
in a fixed location inside a well counter and measuring the coincidence response as
stronger and stronger AmLi sources are introduced. During these measurements it is
important (1) to center the sources so that all detector channels obseive equal count rates
and (2) to keep the sources well separated so that scattering effkcts are minimized. The
result of such a measurement is shown in Figure 16.12. Within measurement uncertain-
ties the overall coincidence deadtime is well represented by the updating deadtime
equation (Equation 16-7).The totals deadtime $ can be measured by the source addition
technique, where two califomium or AmLi sources are measured in the counter, fimt
separately and, then together. An updating deadt@e equation also works well for, the
total count rate correction. Bias ,@nbe measured by placing only random AmLi sources
in the counter.

Under the assumption that the electronic components have been adjusted so that bias
is negligible, as discussed in Section 16.6.2, the overall empirical deadtime correction
equations are

T(corrected) = Tm e%‘m (16-20)
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R(corrected) = Rm e6c‘M (16-21)

where Tm is the measured totals rate and Rm is the measured coincidence rate, (R+A)
scaler – (A) scaler. Note that in Equations 16-20 and 16-21 the argument of the
exponential contains Tm instead of the corrected rate T that appears in Equation 16-7.
The use of Tm is a convenient approximation at rates up to about 100kHz, but at higher
rates this approximation forces at and /ic to become functions of the count rate rather
than constants. Values of at and ?3Cappropriate for the amplifier chains and 2-MHz-clock
shifl registers most commonly used today are summarized in Table 16-1(&ta compiled
from Refs. 27,30, and 31). For example, six channelsof O.15-ps time-constant amplifiers
will have 3C= 0.62 ps and will exhibit an overall coincidence deadtime of about 6%at
1O(MCI-IZcounting rates.

From Table 16-1 it is apparent that the deadtime coefficient depends weaklyon the
deteetor gas mixture and strongly on the number of amplifier channels available. The
number of detector tubes per amplifier channel has no measurable effect on the
eoefflcien~ although this situation may change if the detector tubes are subject to count
rates in excess of about 20 kHz per tube.’ Note that all of the coincidence deadtime
coefficients in Table 16-1were measured with a cdifornium source (v = 3.757) whereas

“ 2WPU(v = 2.16). The effkct of this difference is not yetthe isotope usually assayed M
known.

16.6.5 AMPTEKElectronics and Derandomizing Buffer

Recent improvements in the analog and digital electronics include faster amplifiers,
shorter diaeriminator outputs, and a derandomizing buffer at the shift register input
(Ref 31). The faster amplifier, which has an effective time constant of about 0.15 ps,
consists of a Model A-111 hybrid charge-sensitive preamplifier, discriminator, and pulse
shaper manufactured by AMFTEI& Inc., of Bedford,,Massachusetts. This unit provides
sufficient gain and signal/noise ratio if the 3He detector tubes are operatedat+1700 V.

Table16-1.Compilationofempiricaldeadtimecoefficientsforshifi-regism-basedcoincidencecounters
(Refa.27,30,31)

3He Amplifier
Detector Number of Number of Time

Deadtime (w)

Gas Detectors/ Amplifier Constant Coincidence,6C Coincidence,6C
Additive Channel Channels (ps) Totals,~ @lookHz 0-500kHz

Ar+cH4 7 6 0.5a 0.6 2.4 2.3+ 1.6X10-6Tm
Ar+cH4 7 4 0.5 0.87 3.0 2.8+ 2.7X 10-6 Tm
Ar+cH4 7 2 0.5 2.9 4.7

Ar+cH4 7 1 0.5 4.9 126

5%C02 7 6 0.5 0.9 3.1

Ar+cH4 3 6 o.15b 0.16 0.62 0.62+ 0.20X 10–6Tm

ah Alamosdesigned0.5+s time-constantamplitierchain(Ref$.22,23).

hmrEK A-111integratedcircuitwithapproximatelyO.15-wtimeconstantinconjunctionwitha derandomiz-
ingbufferontie abittmgistarinput(seeSection16.6.5).

.— —..
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The Model A-11l,has been incorporated with other electronics on a printed circuit board
mounted in a small shielded enclosure. Each enclosure contains an amplifier insensitive
to external noise, an LED output monitor, a discriminator output shortened to 50 ns,
and connections for “ORing” multiple channels together. Six channels ofA-111 units
can be operated with a reduced predelay of 3 I.LSwith less than 0.01% bias.

The derandomizing btier holds pulses that are waiting to enter the shift register, thus
eliminating the input synchronization losses described in Section 16.6.3. Input pulses
zt~ by less th~ 0.5 us—the shift register clock period-are stored in a 16-count
buffkr until the shifi register can accept them. This circuit eliminates the coincidence
deadtime of roughly 1.0ps associated with the.shifl register input and permits counting
at rates approaching 2 MHz with virtually no synchronizer counting losses. However, as
the derandomizing buffer stretches pulse strings out in time, it may create strings longer
than the predelay and thereby produce a bias. Because the AMPTEK A-111 amplifier
requires a predelay of only 3 I.W,the mdmum recommended totals rate for less than
0.01%bias is 500 kHz.

With the AMPTEK electronics and the derandomizing buffer, the coincidence
deadtime is reduced by a factor of 4 to about 0.6 MS,as noted in Table 16-1. This
combination permits passive assays of almost any plutonium samples, with criticality
safety of the sample in the wellbeing the only limit.

16.7UNCERTAINTIES RESULTING FROM COUNTING
STATISTICS

In principle the effkct of counting statistics on the coincidence response is very
complex because the input pulse train contains both random and correlated events and
because correlat@ events can overlap in many ways. Some of the complicating factors
are described briefly in this section. For practical coincidence counters these factors are
not large, and it is usually possible to calculate measurement uncertainties for coin-
cidence counting with the simple Equation 16-23given in Section 16.7.1 below.

The major factor that complicates measurement uncertainties is the nonrandom
distribution of neutrons from spontaneous fission. Random neutrons from background
or (%n) events follow a Poisson distribution for n counts, the variants is n and the
relative error is a~n = @@i)/n = l/fi However, if a spontaneous fission source
emits a total of T neutrons in S fissions, with T = 9S where V is the mean fission
multiplicity, the relative error is 1/~rather than 1/W. The number of spontaneous
fissions follows a Poisson distribution, but the total number of neutrons does not. This is
because the emission of more than one neutron per fission does not provide any more
information to reduce the measurement uncertainty.

Boehnel (Ref. 5) has shown that counting n spontaneous fission neutrons with an
effkiencys has a variance

var(n) ~+e?–v— .
n

(16-22)
7“

If Vapproaches 1 ors approaches O,the variance approaches the Poisson distribution
value of var(n) = n, but always remains larger. Equation 16-22 implies that the

——.
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measurement uncertainty will depend on the multiplicity of the fission source, the
thetion of random eventa (v = 1)presen~ and the detector efficiency. Other complicat-
ing tkctors are the detector die-away time and the total count rate, which affkct the degree
to which events overlap. Coincidence counting will then introduce additional complica-
tions.

16.7.1 Simple EmM’ Equation for the Shift Register

For pmetieal values of n and % the deviations fbm the Poisson distribution are not
large, ds suggestedby Equation 16-22and pulse train (b) in Figure 16.1.Ifthe (R+A) and
(A) registers are assumed to be uncorrelated and to follow the Poisson distribution, the
relative error is

(16-23)

This approximation has been compared with a wide variety of actual measurements and
is usually correct to within 15% for plutonium oxide and 25% for czdifomium. Since
other uncertainties often limit assay accuracy, it is usually suffkient to know the
statistical uncertainty to this level. More exact equations are given in Ref. 5.

Using Equation 16-13, the above uncertainty equation can be rewritten as

CR fi+2GTz—=
R Rfl

(16-24)

where Rand Tare deadtime-corrected count rates (Equations 16-20and 16-21), and t is
the count time. In this fo~ Equation 16-24 is valid for the variable deadtime and
updating one-shot circuits as well as for the shift register, as confirmed by measurement
(Ref. 10).

*17), the optimum value of gate length G thatSince R is proportional to (1 - e
minimizes the relative error for a given die-away time t can be derived by dMerentiating
Equation 16-24.The result is

G= ~(eG/~ – 1)/2 = 1.257~ . (16-25)

16.7.2 Uncertainties for Pasaive and Active Counting

In passive neutron coincidence counting the measured total response is proportional
to am~~ and the measured coincidence response is proportional to &n2wt, where
mm is the %-ef%ctive mass and t is the count time. The statistical measurement
uncertainty (Equation 16-23or 16-24)is then proportional to

(16-26)

—. &“-—”—”——.— .-———. ..._. —.—
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wherekl and-k2-aretwo-constantwf~roportionality. For very small samples the relative
error is proportional to 1/ma; for large samples the relative error is independent of
sample mass. In either case the relative error is proportional to 1/s, which implies that
the efficiency of the passive well counter should be as high as possible.

Active assay of uranium samples can be carried out with the Active Well Coincidence
Counter (AWCC), which uses AmLi sources to induce fissions in 235U (see Section
17.3.1). For the AWCC the statistical measurement uncertainty is again given by
Equation 16-23or 16-24.The coincidence response is proportional to E2m235t S, where
m235is the 23SUmass, t is the count time, and S is the AmLi source strength. Although
the totals response is in~eased by these induc’ed fissions, the effect is small in practice
and for error calculations it is reasonable to assume that the totals response is directly
proportional to St. Then ,’

CR Vklm235S + 2Gk2S2

T’
(16-27)

sm235Sfi

where kl and k2 are two constants of proportionality. For large uranium masses and
weak sour= the relative error is proportional to 1/-, as expected. For strong
sources, the relative emor is proportional to l/sm235.

This last relationship has several interesting consequences. First, the relative error is
independent of,source strength for sources @’geenough to ensure that R is much less
than A. This fature has the advantage that the sources need only be large enough to
meet this criterion, which in practice has been measured as 2 X .104 n/s (for two
sources, negligible background, and no passive signal from the sample)(Ref 32).
However, this feature has the disadvantage that assay precision cannot be improved by
introducing larger sources. Once G, 8, kl, and k2are determined by the design of the well
counter, the assay precision can only be varied by varying the counting time. ,~ond, the
absolute assay precision is almost independent of sample mass and is determined
primarily by the accidental coincidence rate. For the AWCC described in Ref. 32, the
absolute assay precision in the “fast configuration* for ‘1OOO-Scount times is equivalent
to 18g of 235U.

16.8 EFFECTS OF SAMPLE SELF-MULTIPLICATION

Among the effkcts that may perturb passive coincidence counting, self-multiplication
of the coincidence response resulting from induced fissions within the sample is usually
dominant. This self-multiplication takes place in all plutonium samples and (to a lesser
extent) in all uranium samples. Passive coincidence counters respond to induced
fissions as well as to spontaneous fissions. Thus the response from a given amount of
spontaneously fissioning material is multiplied and appeam to indicate more nuclear
material than is actually present. This section describes the magnitude of this effect for
plutonium and provides a self-multiplication correction fhctor that is usefil for some
assay situations.
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16.8.1 origin of 8eif-Multiplication Effects

There are two common internal sources of neutrons that induce fissions. One source
is @e spontaneously fissionin isotopes themselves. For example, neutrons emitted by

339fi nuclei ad indum these nuclei to fission. The2% may be captured by. .
spontaneous fission multiphclty v~ = 2.16, and the thermal-neutron-induced fission
multiplicity VI = 2.88 (from Table 11-1). The coincidence circuitry cannot in practice
distinguish between these two multiplicities so that both types of fissions may be
detected.

The other common source of neutrons is from (%n) reactions with low-Z elements in
the matrix. For example, in plutonium oxide, alpha particles from 23*Pumay react with
170 or 180 to create additional neutrons that may induce fissions in 23%. The (%n)
neutrons, with multiplicity 1, do not in themselves produce a coincidence response;
however, the induced fission neutrons, with multiplicity VI = 2.88, do. The magnitude
of this coincidence response depends on the alpha emitter source strength, the .1ow-Z
element density, the degree of mixing between alpha emitters and low-Z elementsj the
fissile isotope density, and the geometry of the sample, and in general is not proportioned
to the quantity of the spontaneously fissioning isotopes that are to be assayed.

The multiplication of internal neutron sources by induced fission is the same process
that eventually leads to criticality. What is surprising is the appearance of multiplication
effbets in the assay of relatively small samples whose mass is far from critical. Even 10-g
samples of plutonium metal show 5% enhancements in the coincidence response. At
4000 g of plutonium metal, not too far from criticality, the multiplication of the toti
neutron output is roughly a factor of 2 and the multiplication of the coincidence
response is roughly a factor of 10.

The magnitude of self-multiplication effketson the passive coincidence assay of Fu02
cans is illustrated in Figure 16.13 (Ref. 33). The &ta show a definite upward curvature,
and the deviation from a straight line determined by the smallest samples amounts to
about 38% at the largest sample, 779 g of FU02. In the past self-multiplication efkcts
have of&enbeen masked by pqxenting data without electronic deadtime corrections or
by drawing a straight line that seems to pass through most of the data even though the
slope does not fit the smallest samples. The latter error is most easily avoided by
tabulating coincident response per gram, as in column 3 of Table 16-2. The following
sections discuss other features of Table 16-2that describe self-multiplication corrections
applied to the data.

16.8.2 -lcuiationai Results

Self-multiplication within a sample can be calculated by Monte Carlo techniques. The
results of calculations done for the samples listed in Table 16-2are given in columns 5 to
9. These calculations were carried out with the Monte Carlo code described in Ref. 33;
however, the detector itself was not modeled in detail since it was necessary to obtain
only the net leakage multiplication across a surface surrounding the sample. The Monte
Carlo code selected initial (%n) or spontaneous fission neutrons according to the ratio

a = NJv#~ (16-28)
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where Na is the number of (a,n) reactions and N~is the number of spontaneous fissions.
The values for ~ obtained from Equation 16-32or 16-35,are given in column 4 of Table
16-2.Each neutron-induced fission chain was followed to its end. The Monte Carlo code
calculated the leakage multiplication ML(defined in Chapter 14),which is related to the
probability of fission p by the relation

ML =
l–p

1 –pv* “
(16-29)

The calculated values of MLare given in column 5 of Table 16-2.These are the ratios by
which the total neutron count is enhanced by multiplication, with leakage, absorption,
fission, and reflection taken into account. For simplicity, the leakage multiplication is
denoted by M in the remaining discussion.

_—.. -



Table 16-2.Self-multiplication correction factors for the plutonium oxide samples in Figure 16.13. Columns 5 through 9
are based on Monte Carlo calculations, and columns 10 and 11 are based on the R/T ratio

1 2 3 4 5 6 7 8 9 10 11

Sample 2~- Coincidence Leakage Correction Corrected
Mass Eff6ctive Response/ Mult., Factor, Response/ From R/T ratio

(g) (%) g-s a ML f$f fm CF g-s ‘L cl-
20
60

120
480
459
556
615
779

6.0
6.4
6.4
7.8
9.5
9.9

10.6
10.4

2.35(2)
2.42(2)
2.53(2)
2.99(3)
2.98(3)
3.03(3)
3.08(3)
3.26(3)

0.66
1.43 1.005
1.36 1.010
0.74
0.64 1.046
0.62 1.049
0.60 1.056
0.61 1.061

1.02(1)
0.024 0.020 1.04(1)
0.049 0.035 1.08(1)

1.28(1)
0.192 0.068 1.26(1)
0.215 0.075 !.29(1)
0.260 0.084 1.34(1)
0.285 0.095 1.38(1)

2.31(3)
2.32(3) 1.003
2.33(3) 1.012
2.34(4) 1.044
2.36(4) 1.048
2.35(4) 1.043
2.3q4) 1.052
2.36(4) 1.070

I.03
1.08
1.26
1.28
1.25
1.30
1.41
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The Monte Carlo code also calculated a coincidence correction factor

CF= l+ f~f+-fm (16-30)

where 1 + fti is the coincidence correction for net multiplication of spontaneous
fission neutrons, and fm is the additional correction for net multiplication of (a,n)
neutrons. In Table 16-2, columns 6 and 7 show the relative size of these two induced-
fission multiplication effects for the plutonium oxide samples measured. Column 8
shows the overall correction factor CF, and column 9 demonstrates that the corrected
coincidence response per gram is now nearly constant.

With the code described above, a series of reference calculations were made to
determine the effect of sample mass, density, isotopic composition, and water content
on the coincidence.correction factor. The results are plotted in Figure 16-14(Ref. 33). AH
calculations represent variations about an arbitrary nominal sample of 800-gPuO ,with

ha density of 1.3 g oxide/cm3. This sample contains 706 g of plutonium at 10%2 ~fi
and 1wt%water, in an 8.35-cm-i.d. container. For each calculation, only one parameter
was varied from the nominal values. For the mass and density variations, the till height
was adjusted to conserve mass. For the H20 content variation, the sample density was
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adjusted to conserve volume. Figure 16.14 shows that coincidence correction factors are
appreciable even at low mass and low density.

The curves in Figure 16.14can be used to estimate coincidence correction factors for
other similar plutonium oxide samples. The exact range of applicability is not known.
For the samples in Table 16-2, the correction factors were calculated directly by the
Monte Carlo code, exeept for the first and fourth samples, which were extrapolated from
Figure 16.14,with consistent results.

16.8.3 Effects on Shift Register Response

It is possible to write expressions for the effects of sample self-multiplication on the
shift register response. The total neutron count rate T, after subtraction of the back-
ground count rate b, is given by

T– b = m2@(473/s-g) e Mv~(1 + a) (16-31)

2@Pu mass, &is the detector et%cieney, M is the leakagewhere m24 is the effective
multiplication, v~is the spontaneous fission multiplicity, and a is defined by.~quati~n
16-28. If all other quantities are known, a ean be determined by inverting Equation
16-31:

1 + a = (T – b)/m2a(473/s-g)s M v~ . (16-32)

The coincidence count rate R is given by the following equations (Ref. 34]

V(v – 1)
R = mzdo(473/s-g) 82 z F , (16-33)

[

~) = M2 ‘S(VS
– 1)

V(v –
+ (M–l)(l”+a)

1 + av~
1

~ + av V$VI(VI– 1) , (16-34)
vi—l s

where v~(v~— 1) and vl(vl — 1) are the reduced second moments of the spontaneous
and induced fission multiplicity distributions.

EWation 16-33 is simi~;,~l Equation 16-15, with F representing the fraction of
coincidences measured, e – e%/T). These equations assume that all fission
chains produced from the original fission appear to be simultaneous within the resolving
time of the coincidence counter. This assumption, called the “superfksion concept”
(Ref. 5), is valid for thermal-neutron counters because of their long die-away time.

From Equations 16-31 and 16-33 for T and R, and from columns 5 and 8 of Table
16-2, it is apparent that sample self-multiplication affects coincidence counting more
than totals counting. As a simple example of this effect suppose that a spontaneous
fission releases two neutrons, one of which is captured by a fissile nucleus which in turn
releases three neutrons upon fissioning. The total number of neutrons has increased
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from two to four (M = 2). However, the coincidence response has increased from one
to six (CF = 6). Thus the ratio R/T has increased with multiplication. Laboratow
measurements have shown that R/T can be used as a measure of multiplication. This
ratio is the basis of the simple self-multiplication correction described in the following
section.

16.8.4A Simple Correction Factor for Self-Multiplication

Since it is usually not possible to perform a Monte Carlo calculation to determine the
self-multiplication of each sample to be assayed, there is a strong need for a self-
multiplication correction that can be determined for each sample from the measured
parameters R and T. As mentioned earlier, the ratio R/T is sensitive to sample
multiplication so that it is possible to use R for the assay and R/T for a multiplication
correction. The procedure for calculating this correction for plutonium samples follows.

Step 1: Assay a small 10-or 20-g reference sample that, as an approximation, can be
considered as nonmultiplying. Use the same physical configuration and electronic
settings as those to be used in Step 2 for assay of larger samples. This measurement yields
the values ~, To, and ~. If the nonmultiplying sample is pure metal, ~ = O.
Otherwise, ~ can be determined from Equation 16-32 with M = 1. [A multiplying
reference sample can also be used if it is sufficient to obtain relative correction factors
(Ref. 35).]

SJep 2 Now assay an unknown multiplying sample that requires a self-multiplication
correction. This measurement yields R and T. If the sample is pure metal, a = O.If the
sample is of the same composition as the small reference sample used in Step 1, then
a = ~. If the sample is pure plutonium oxide, then from Tables 11-1 and 11-3 it is
possible to calculate

= 13400 f~~8+ 38.1 f239+ 141f2@+ 1.3 f241+ 2.0 f242+ 2690 f~.z~l
a

1020 (2.54 f~~B+ fza + 1.69 f242)
(16-35)

if the isotopic fraction f of each plutonium isotope and of 24tAm is known. Equation
11-7can be used to correct the calculated value of a for the presence of major impurities
that have high (a,n) cross sections if the concentrations of these impurities are known.
For inhomogeneous or poorly characterized plutonium oxide, scrap, or waste where a
cannot be determined by one of the above methods, this self-multiplication correction
cannot be used.

Step 3: Calculate the ratio

= R/T (1 + a)
r

Ro/To (l+%) .
(16-36)

This ratio will be larger than 1for multiplying samples with M > 1because sample self-
multiplication increases R more than T. The ratio r is independent of detector efficiency,
die-away time, and coincidence gate length. Note that all count rates in Equation 16-36
should be corrected for background and electronic deadtimes.
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Step 4 The leakage multiplication M is given by

2.062(1 + a)M2 – [2.062(1 + a) – l]M - r = O . (16-37)

Equation 16-37can be derived from Equations 16-33and 16-34 (Refs. 36 and 37).
Step 5 The coincidence counting correction fktor for self-multiplication CF is Mr.

To summarize,

T(corrected for mult.) = T/M
R(corrected for mult.) = R/Mr . (16-38)

This self-multiplication correction has no adjustable parameters and is geometry-
independent. For example, suppose that two plutonium samples are brought closer and
closer together. As this occurs, M will increase, the induced-fission chain lengths will
increase, the mean effective multiplicity will increase, and R/T will increase. Equation
16-37 will yield larger values of M, and Equation 16-38 will automatically yield larger
correction factors. Examples are given in Ref. 33 and in Figure 17.8.

When Equation 16-38 is used to linearize the wdibration curve so that

m24 = R/kMr , (16-39)

then Equations 16-31, 16-36, and 16-39 require that the calibration constant k and the
detector efficiency 8 be related by

k = cv$(473/s-g) g (1 + c@ .
TO

(16-40)

This relation is not important in practice because k is usually obtained by calibration,
but it may provide a diagnostic to indicate whether the detector efficiency or the small
reference sample have been properly measured.

16.8.5 Application and Lhnitationa of the Simple Correction

Although the self-multiplication correction factors given by Equations 16-37 and
16-38 provide a complete correction with no adjustable parameters, the following
assumptions were made in the derivation in order to obtain simple equations

(1) It was assumed that detector efficiency was uniform over the sample volume. This
is not always the case, but is becoming easier to realize with instruments such as the
upgraded High Level Neutron Coincidence Counter (HLNCCII) described in Section
17.2.3.

(2) It was assumed that (%n) neutrons and spontaneous fission neutrons had the
same energy speetra, so that the detection efficiency G fission probability p, and
induced-fission multiplicity vl would be the same for both neutron sources. In generrd
this is not the case, although for plutonium oxide the (%n) and spontaneous fission
neutrons have similar mean energies (2.03 MeV and 1.96 MeV, respectively) but
diffimnt spectrum shapes.
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(3) It was assumed that all fission chains are simultaneous within the die-away time
of the detector. This is not true for neutrons that re-enter the sample from the detector
(reflected neutrons)(Ref. 5).

These approximations introduce errors into the correction. Values for M given by
Equation 16-37may differ ilom values obtained flom Monte Carlo cddes. Values for the
coincidence correction factor CF = Mr are usually better, presumably because some
errors cancel in the use of ratios. The correction usually gives best fits of 2 to 3% to the
data, which is good but is larger than the measurement relative standard, deviation (on
the order of 0.5%).

Applications of the simple self-multiplication correction are given in Table 16-2,
columns 10.,,md..11, and in Figures 17.8, 17.19, 17.20 and 17.22 for plutonium oxide,
mf$al, and nitrate Solutions. Good results have been reported for plutonium oxide in
Ref. 22, for plutoniud metal in Refs. 33 and 36, and for breeder fuel-rod subassemblies
in Ref 38.

The above applications show that good results, typically 2 to 3%,can be obtained with
the self-multiplication correction for well-characterized material despite the assump-
tions made in the derivation. However, the need to know a, the ratio of (~n) to
spontaneous fission neutrons, for each sample to be assayed poses a severe limitation on
the applicability of the @chnique. For scrap, waste, impure oxide, or metal with an
oxidized surthce, u,cannot be determined. Any error in the choice of a leads to an error of
comparable s~e in the corrected assay value. In such cases the multiplication correction
should be used only as a diagnostic for outliers. For many classes of oxide, where a may
be somewhat uncertain but sample density and geometry are fixed, Krick (Ref. 39) has
found that two-parameter calibration curves without self-multiplication corrections
provide the best assay accuracy.

The fimdament@ limitation of the simple multiplication correction is that only two
parameters are measured by each assay, R and T. The number of unknown variables is
at least @ree the sample mass, the sample self-multiplication, and the (qn) reaction
rate. Further improvements in multiplication corrections can be made if coincidence
counters are built that provide a third measured parameter, such as triple coincidences
(Refs. 23 and 33).

16.9 OTHER MATRIX EFFECTS

The dominant matrix effect in passive neutron coincidence counting is usually the
self-multiplication process described in Section 16.8. If corrections for electronic count-
rate losses and self-multiplication can be properly applied, the coincidence response is
usually linear with sample mass. However, other matrix effkcts can affkct the assay and
may be overlooked at times. These effects are summarized in this section, which is based
in part on Ref. 40.

1. (a,m) contaminant.a

For plutonium samples the most important (%n) emitters are oxygen and fluorine.
Fluorine concentrations of 10 to 400 ppm are typical, and oxygen (in water) may be as

—— ——— -——. —.-— —.—...
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high as several percent. The calculated effixt of fluorine and water on the total neutron
count rate is given in Section 14.2.3of Chapter 14.Such (qn) contaminants may bias the
eoineidenee assay by a few percent. If their concentrations are known, the effkcts ean be
accounted for in the self-multiplication correction.

2. Hydrogem content

The hydrogen in water affects the neutron coincidence response by shifting the
neutron energy spectmm (see Chapter 14, Section 14.2.4). This increases the detector
efficiency and the sample self-multiplication. The former effit can be minimized by
carefid detector design, and the latter is taken into account by the multiplication
correction.

3. Container wall effects

Neutron scattering and reflection by the container wall can increase detection
efficiency and sample self-multiplication. An increase in the coincidence count rate up
to 7%has been observed. Container effkctscan be estimated by measuring a califomium
source with and without an empty sample can.

4. Influence of uranium on plutonium assay

Theaddition of uranium to plutonium (as in mixed oxide) has the following effects
additional multiplication in 235U, damase in plutonium multiplication due to a
“dilution” of the plutonium, and additional fast multiplication in 238u. Despite.different

239Pu,‘5U, and ‘8U fission multiplicities, the multiplication correction works well for
mixed plutonium and uranium if there are no additional unknown (a,n) sources.

5. Neutron moderation and absorption (self-shielding)

In plutonium nitrate solutions, moderation leading to increased neutron absorption
has been observed (Chapter 17, Section 17.2.7). In active coincidence counting of
uranium, neutron absorption and self-multiplication are both strong and opposing
effkcts. The presence of both effeets oflen yields nearly straight calibration curves
(Chapter 17,Figures 17.24and 17.29).

6. Neutron poisons

Boron, cadmium, and some other elements have high thermal-neutron capture cross
sections and ean absorb significant numbers of neutrons. Problems with neutron
poisons have been observed in the active assay of fresh light-water-reactor fuel as-
semblies.

. .—~————— .———.———.———. ..... . .... ........ ....
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7. Sample geometry

If the detection efficiency is not ufiorm over the sample volume, then the coin-
cidence response can vary with sample geometry. Passive counters are now usually
designed so that the whole sample will be in the region of uniform efficiency. For active
coincidence counters, the source-to-sample distance is very important and consistent
positioning of samples is essential.

8. Sample density

Variations h plutonium oxide densi~ due to settling or shaking during shipping and
handling can affect the passive coincidence response by as much as 10%.*The multipli-
cation correction can take these variations into account for samples of similar compo-
sition if the samples are within the detector’s uniform efficiency region. For active
coincidence countin& &nsity variations aflkct both self-multiplication and self-shield-
ing. No corre@ion is avai@ble.

9. Scrap and waste matrices

Here it is helpfhl to know what the matrix is and to know which of the above-
mentioned effkcts might be present. For plutonium-bearing materials, the coincidence
response is usually more reliable than the totals response, but may provide only an upper
limit on the quantity of 2%. In genre it is usefbl to measure both the totals and the
coincidence response and to use the totals response or the coincidence/totals ratio as a
diagnostic to help interpret the coincidence response.
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